A set A of nonnegative integers is an asymptotic basis of order h if every sufficiently large integer is the sum of h elements of A . It is proved that if A is an asymptotic basis of order h with lower asymptotic density di(A)> 11 h , then there is a set W contained in A suchthat W has positive asymptotic density and A\W is an asymptotic basis of order h . This implies that if A is a minimal asymptotic basis of order h , then di(A) < \jh .
Let A be a subset of the nonnegative integers N. Denote by hA the set of all numbers n that can be written in the form n = ax H-h ah , where a¡ G A for i = \ , ... ,h and the a( are not necessarily distinct. The set A is a basis of order h if h A = N. If h A contains every sufficiently large integer, then A is an asymptotic basis of order h . Much of classical additive number theory is the study of special sets A that are bases or asymptotic bases of order h for some h > 2.
Minimal asymptotic bases form an important extremal class in additive number theory. The asymptotic basis A of order h is minimal if no proper subset of A is an asymptotic basis of order h . It follows that if A is minimal, then for every element a G A there must be infinitely many positive integers n , each of whose representations as a sum of h elements of A includes the number a as a summand. Stöhr [7] introduced the concept of minimal asymptotic basis, and Härtter [3] proved that minimal asymptotic bases of order h exist for all h > 2. Erdös and Nathanson [ 1 ] survey recent results on minimal asymptotic bases.
For any set A of integers, the counting function of A, denoted A(x), is defined by A(x) = card({a e A\l < a < x}). The lower asymptotic density of A , denoted dL(A), is defined by dL(A) = liminfy4(x)/x. If a = UmA(x)/x exists, then a is called the asymptotic density of A , and denoted d(A).
For every h > 2, Nathanson [5, 6] has constructed minimal asymptotic bases A of order h that satisfy A(x) < x . Since A(x) » x ' for every asymptotic basis A of order h , it follows that these examples are the "thinnest" possible minimal asymptotic bases. Erdös and Nathanson [2] have recently constructed minimal asymptotic bases A of order h with d(A) = l/h . In this paper we prove that these are the "fattest" possible minimal asymptotic bases, in the sense that dL(A) < l/h for every minimal asymptotic basis A of order h . The proof uses a deep result of Kneser on the lower asymptotic density of sums of sets of integers. Let A and B be sets of nonnegative integers. We shall write A ~ B if A and B coincide for all sufficiently large integers. For g > 1, let B(g) be the set of all integers t such that t = b (mod g) for some b e B . Let h>2. Kneser [4] proved that either dL(hB) > hdL(B) or there exists an integer g > 1 such that hB ~ hB{g) and dL(hB) > hdL(B) -(h-\)/g. 
hdL(B) -(h-l)/g < dL(hB) = d(hB(g)).
Since hB is a union of congruence classes modulo g, it follows from hB^ * N that d(hB(g)) = r/g < 1 -\/g. Let dL(B) = l/h + ô. Then ô > 0, and 1 + ho -(h -\)/g < 1 -\/g, hence (*) \<g<(h-2)/(hô).
Note that B C B(g) and B ç A. If A C B{g), then hB ç hA ç hB(g). Since A is an asymptotic basis of order h , it follows that N ~ hA ~ hBig) ~ hB, which contradicts the hypothesis that B is not an asymptotic basis of order h. Therefore, A <£ B(g) and there exists an integer cx e A such that cx £ b (mod g) for every b e B . Let gx = g. Let Bx -Bu{cx} . If Bx is an asymptotic basis of order h , let F = {cx} . If Bx is not an asymptotic basis of order h , there exists an integer g2 satisfying (*) and an integer c2e A such that c2 ^ b (mod g2) for all b e Bx . Let B2 = Bx u {c2} = B U {c, , c2} .
Continuing inductively, we obtain a sequence of integers gx ,g2, ... satisfying (*.) and a sequence cx ,c2, ... of elements of A such that c( ^ è (mod g() for all 6 G Bj_, = 5 u {c, , c2, ... , c/._,} . Since there are only finitely many distinct congruence classes with respect to moduli bounded above by (h -2)/(hô), the inductive process must terminate in a finite number of steps, and we obtain a finite set F = {c, , c2, ...} ç A such that B u F is an asymptotic basis of order h . This completes the proof. 
